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In Memory of Richard W. (Dick) Adler

By: Edmund K. Miller

Dick Adler was a long-time mainstay of ACES. Dick, his wife Pat, sometimes with the
help of one or two of their children, planned and handled all of the local arrangements
during the years that ACES met at the Nave Postgraduate School in Monterey. This ar-
rangement continued at NPS until security concerns required it to be shifted elsewhere
in Monterey, a venue that remained a favorite for ACES members. Dick was also one
of the founding members of TechEd Associates, a group of NEC users and developers
who presented “hands-on” short-course workshops in Monterey for several years. He gave
informative and entertaining presentations that could include observations like “epsilon
sauce and gamma grease” that lightened up the mathematical details.

Dick himself was a hands-on engineer who contributed to a variety of antenna and com-
munications application for military sponsors. He was an experimentalist as well as an
experienced computational modeler who guided many students at the NPS through their
degree work. His experimental results influenced modeling developments as well as pro-
viding data to validate the computed results. Dick was a valued colleague and friend.



Richard W. (Dick) Adler (1934-2021), a Founder of ACES
o e

* P

Richard W. (Dick) Adler, one of the founders of the Applied Computational Electromag-
netics Society, passed away on December 30, 2021, in Bountiful, Utah, USA, at the age of
87, of a combination of causes including COVID-19.

Dick was born on November 28, 1934, in Farrell, Pennsylvania. He attended Penn State
University, where he received B.S. and M.S. degrees in electrical engineering, in 1956 and
1958, respectively. He then worked in the industry, at Hughes Aircraft Company and Ford
Aeronutronic, and later returned to Penn State as an Instructor in Electrical Engineering
and received the Ph.D. in December 1970. In November 1969, he joined the faculty of
the Naval Postgraduate School (NPS), in Monterey, California, where he taught in the
Department of Electrical Engineering, and pursued research in antennas, propagation, and
computational electromagnetics.

The Applied Computational Electromagnetics Society was officially launched on March
19, 1986, at the Second Annual Review of Progress in Applied Computational Electro-
magnetics, held at NPS in Monterey and organized by Dick Adler. Adler was the first
ACES Secretary, serving with Ed Miller, the first ACES President. For decades to come,
Richard was a leading force in all ACES activities and accomplishments, including ACES
Conferences, Journal, Newsletter, organization, and finances.

Richard Adler will be remembered by all ACES Members and Friends as a leader and
visionary without whom the field of applied computational electromagnetics and the ACES
Society would not be what they have become during his most active ACES years and today.

We dedicate this issue of ACES Journal in tribute and memory of Dick Adler.

Branislav M. Notaros

President, ACES

Professor, Colorado State University
Fort Collins, Colorado, USA



In Memory of Prof. Richard “Dick” W. Adler, P.E.

It is with great sadness that I inform ACES of the passing of Prof. Richard W. Adler on
December 30", 2021. R. W. Adler was born in Farrell, PA, in 1934. He received the BSEE
and MSEE degrees from Penn State University, University Park, PA, in 1956 and 1958,
respectively. He received a Ford Foundation Doctoral Forgivable Loan and completed the
Ph.D. degree in electrical engineering in 1970 at the same institution.

He continued graduate studies at the Ohio State University as a Research Assistant in the
ElectroScience Laboratory (ESL) until 1960, when he joined the staff at Hughes Ground
Systems Group as a Design Engineer in frequency-scanned radar antennas. Graduate stud-
ies continued at the University of California, Los Angeles, until 1962, when he became a
full-time instructor in the EE Department at Penn State University. In 1970 he accepted
a position as an Assistant Professor at the Naval Postgraduate School (NPS), Monterey,
CA. He finished as a Senior Lecturer in the Electrical and Computer Engineering Depart-
ment at NPS, with academic and research interests in antennas, radiowave propagation,
and electromagnetic environmental effects. His research projects supported the Naval Se-
curity Group (NSG) and later the Naval Information Warfare Activity (NIWA) and the
Army Intelligence and Security Command in what was known as the Signal and Noise
Enhancement Program (SNEP Team) directed at the enhancement of signal-to-noise ratio
in receiving sites and the effects of terrain and platforms on the performance of communi-
cation antennas.

Prof. Adler was a licensed professional engineer and served as the Executive Officer and
the Managing Editor of publications for the Applied Computational Electromagnetics So-
ciety (ACES). His memberships also included the IEEE, Eta Kappa Nu, Tau Beta Pi. and
Sigma Xi.

I personally remember meeting Dr. Adler as an undergraduate student at Penn State work-
ing in what was called the Ionosphere Research Laboratory (IRL) and was working with
Prof. Tony Ferraro on a project of modeling wires on a box like structure for an unnamed
government agency. Dick Adler brought a software program on magnetic tape that was



named AMP for Antenna Modeling Program, the predecessor of what would eventually
become the Numerical Electromagnetics Code (NEC). The object that we modeled was
later declassified in 2005 as a satellite operated by the National Reconnaissance Office
(NRO) named POPPY, and we received awards at a ceremony for this work that we never
knew what it was at the time. That was the first time I met Dick, and I knew I needed to
get to know him a lot more.

POPPY

Fortunately, I kept in touch with him and also developed a close relationship with Jerry
Burke and Ed Miller at Lawrence Livermore National Laboratory (LLNL) while I was a
Ph.D. student at Case Western Reserve University. LLNL was the originator of NEC, and
I knew I had to go there and work with Prof. Adler and those at LLNL. I started at LLNL
in 1983 and right away used to travel to Monterey, CA and work with Dick and learn
from him how to really model antennas. He and I used to do consulting jobs for AM and
FM broadcasting where we would try to optimize placement of antennas on towers and
try to increase signal coverage and other projects. It seemed I was spending almost every
weekend there in Monterey working with Dick and spending time at his house and with his
family. They were so hospitable that I sometimes felt like this was my second family being
with him and his wife and kids. Dick and I worked for many radio broadcasting stations
in the 1980s and pushed for the use of antenna modeling to be used in addition or in the
place of experimental proof antenna pattern measurements. We together presented several
papers at IEEE Broadcast Technology Society annual symposiums and won the Matti S.
Siukola Memorial Award for Best Paper in 1987.

The development of NEC at LLNL was funded and directed from the Army at Ft. Mon-
mouth and Ft. Huachuca and the Navy at San Diego and especially from Prof. Adler at
the Naval Postgraduate School (NPS) at Monterey. Dick was always the one instrumental
about saying what things were needed to be enhanced and put into the code. Dr. Ed Miller,
Jerry Burke, Dick Adler, Jim Logan, Dr. Jay Rockway, and myself and others came up with
the idea of starting an organization concerned mainly with antenna modeling and hands-on
work, and this became the Applied Computational Electromagnetics Society (ACES) in
1985 with a four-day workshop at LLNL.



ACES became official at the Second Annual Review of Progress, held at NPS in March
of 1986. The Review was organized by Prof. Adler, and it became an annual event for
many years in March at Monterey. None of this would have ever happened without the
painstaking planning and organization of Dick Adler. The first slate of officers included Ed
Miller, President; James Logan (Naval Ocean Systems Center or NOSC), Vice President;
Richard W. Adler, (NPS), Secretary; and James K. Breakall (LLNL), Treasurer. Dick was
a mainstay for many memorable ACES conferences for many years, an annual event that
many including myself really looked forward to. Dick and I both worked a lot behind
the scenes to make every part of these meetings something very valuable, not just for the
academic part, but also for the social gatherings. Being in Monterey/Carmel did not hurt
with its picturesque setting.

Another activity that Dick took charge of for many years was putting on antenna modeling
workshop short courses on either NEC or MiniNEC. He was involved in starting an organi-
zation named TechEd Associates to put on these courses, and it included Dick, Ed Miller,
Jerry Burke, Jim Logan, Jay Rockway, and myself. We would usually put on a week-long
series of presentations on the theory of antenna modeling and then hands-on learning how
to use the codes with personal computers that were set up by Dick on each desk. Many
were held in Monterey, but others would be held around the country too.

There are just too many projects to go into detail that Dick Adler was the catalyst and
organizer for, but I will try to touch briefly on a few. Dick and I worked together as a
team on many of these, and I know there are others that he did also with others that I was
not up on as much. We worked on a multi-volume set of antenna handbooks for both the
Army and Marine Corp that would be used by warriors to select the best antennas for the
purpose at hand. Some other projects that come to mind are working with some other close
colleagues of ours, George Hagn (SRI Intl.) and Steve Faust (Eyring Inst.) to develop
and utilize methods to measure ground constants of the earth and characterize antennas
in irregular terrain. Dick arranged all of the funding from the Navy and was again the
organizer. One of his students, Capt. Hampshire, later took charge of the TACAMO VLF
antenna that was on EC-130 and E-6A aircrafts for submarine communication, and Dick
work on that with me. Dick was instrumental in a large project from NIWA with CDR Gus
Lott, one of his Ph.D. students, named PENEX for Polar Equatorial Near Vertical Incidence
Experiment that had the purpose of validating and exploring HF propagation codes through
the auroral ionosphere and trans-equatorial paths. I remember fondly of him traveling to
Cape Wales in Alaska under some interesting weather conditions to erect antennas and set
up equipment. Dick would go anywhere to get the job done. In the 1990s to the 2000s, he
arranged for funding to put a really nice graphical user interface (GUI) around NEC2 and
NEC4 and helped set up a company, Nittany Scientific, that created NECWIN Basic and
GNEC. Many versions of these packages were sold.

In the mid-1980s, Prof. Steve Jauregui at NPS along with Dick and another Prof. Ray Vin-
cent created the Signal to Noise Enhancement Program (SNEP) to help isolate and resolve
noise and other EMI issues at the Navy Security Group’s large Wullenweber (Elephant
Cage) antenna sites around the world. Dick was a key person involved in this work and
advised many graduate students and other workers in this effort.



Waullenweber “Elephant Cage” Antenna SNEP Van Used for Site Surveys

Dick (K6RWA) was an avid Amateur “Ham” Radio operator for many years and was in-
volved in many activities of the Nittany Amateur Radio Club (W3YA) in State College, PA
while there at Penn State and also one of the founding and active members of the Naval
Postgraduate School Amateur Radio Club (K6LY) in Monterey, CA.

Following are some quotes about the passing of Prof. Adler:

Dean John Volakis of Florida International University said “His photo is exactly as I re-
member. As the obituary said, a helpful and very active man. I very much enjoyed my
visits at Monterey because of him.”

Prof. Alan Christman of Grove City College said “Dick was a great guy and a good friend
— he will be missed!”

Prof. Emeritus Ronald Marhefka of Ohio State University said “Thanks for letting me
know about Dick. I think about him from time to time hoping he was doing well. He had
a good productive life living to 87. 1 too knew him well mostly in the 80’s and 90’s and
appreciated all he did for ACES and many of us early attenders to the conference. Plus,
we did a short course at Fort Huachuca for a week one time. I will miss him.”

Dr. Jay Rockway (retired Navy NOSC, NRAD, SPAWAR) said “When I became a Federal
employee with the Navy, Dick was one of first persons with whom I worked. It was my
privilege to know such a creative and honorable person. You were always amazed by what
would be the next project/effort.”

Prof. Emeritus Ed Miller said “Sad news. We had many good meetings and times at the
Postgraduate School over the years. Trying to remember when I first met Dick and think it
might have been 1971 at a meeting or short course.”

It is hard to believe he is not with us anymore. I would like to speak for all of his friends
in ACES, IEEE APS, IEEE Broadcasting, NPS, Penn State, and Amateur Radio to pass on
our sincere condolences to Dick’s wife and family. We all will really miss him so much.
Rest in peace our dear friend Prof. Richard W. Adler.

Jim Breakall

Professor, Electrical Engineering
Penn State University,
University Park, PA 16802
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FDTD Simulations of Modulated Metasurfaces with Arbitrarily Shaped
Meta-atoms by Surface Impedance Boundary Condition

Yanmeng Hu, Quanen Zhou, Xinyu Fang, and Mengmeng Li

Department of Communication Engineering
Nanjing University of Science and Technology, Nanjing, 210094, China
limengmeng @njust.edu.cn

Abstract — In this paper, we propose a reduced-
complexity finite difference time domain (FDTD) sim-
ulations of modulated metasurfaces with arbitrary unit
cells. The three dimensional (3D) physical structure of
the metasurface is substituted by a spatially varying sur-
face impedance boundary condition (IBC) in the simula-
tion; as the mesh size is not dictated by sub-wavelength
details, considerable advantage in space- and time-step is
achieved. The local parameters of the IBC are obtained
by numerical simulation of the individual unit cells of the
physical structure, in a periodic environment approxima-
tion, in the frequency domain. As the FDTD requires an
appropriate time domain impulse-response, the latter is
obtained by broad-band frequency simulations, and vec-
tor fitting to an analytic realizable time response. The
approach is tested on metasurface structures with com-
plex unit cells and extending over 10 x 10 wavelengths,
using a standard PC with 64GB RAM.

Index Terms — thin-layer model, metasurface, FDTD,
impedance boundary condition.

L. INTRODUCTION

Metasurfaces are thin-layer arrays composed of the
so called “electromagnetic meta-atoms,” which have
been proved to allow unprecedented electromagnetic
field manipulations [[1}2]. Due to their advantages of low
profile, low cost, easy fabrications, and diverse strategies
for realizations, many applications have been reported,
such as: radar cross section (RCS) reduction [3], low-
scattering antennas [4]], planar antennas [3]], lenses [6],
[[7], imaging [8]], etc.

The meta-atoms are sub-wavelength in size, and
likewise closely spaced; the resulting structure is thus
electrically thin, while typically extending over several
wavelengths in size; very often, the field manipulation
requires meta-atoms with complicated structures. As a
result, it is challenging to simulate such multiscale prob-
lems with dense discretization and large electrical size
by full-wave methods [2], [9], [10].

Submitted On: September 29, 2021
Accepted On: January 7, 2021

Most types of field manipulation require that the
metasurface be spatially varying over its surface; how-
ever, this variability is on the order of the wavelength, i.e.
slow with respect to the size of meta-atoms (hence the
term “modulated” often employed). Therefore, homog-
enization yields accurate results, and the effects of sub-
wavelength atoms is well described in terms of surface
impedance boundary conditions (IBCs) 2], [11H13]], that
can take different forms [14H26]. This consideration
allows a significant reduction of computational load for
full-wave analysis; of course it requires that the prob-
lem formulation be consistent with the field boundary
conditions employed to homogenize the sub-wavelength
atoms collectively. In most applications, the underlying
lattice of the atoms remains regular, or weakly varying;
this allows to use the periodic-medium approximation in
relating the surface impedance to the features of the indi-
vidual meta-atoms.

In this short paper, we propose an FDTD method
with surface impedance boundary condition (IBC) for
the simulations of spatially varying (i.e. modulated)
metasurfaces.  Specifically, we address the case of
meta-atoms with arbitrary shapes, for which no analyt-
ical expression can be found of the equivalent surface
impedance. We propose a method to insert numerical
characterization of the IBC into the scheme, including
the necessity to properly account for frequency disper-
sion in the time response. The IBC approach reduces
mesh density in the longitudinal direction by virtue of
homogenization into an IBC [24], by de facto remov-
ing the meta-atom thickness. However, we would like to
stress that in our approach we use the nature of modula-
tion to likewise reduce the necessary mesh density in the
transverse directions, as modulations are on the order of
the wavelength.

To the best of the authors’ knowledge, this use of
numerically-derived IBC to solve both thickness and
transverse meshing issues is novel in FDTD, and applied
for the first time to large metasurfaces.

The rest of this paper is organized as follows: in Sec-
tion II, the background of IBC and FDTD is summarized;

https://doi.org/10.13052/2021.ACES.J.361201
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in Section III, the numerical homogenization for wide-
band full-wave FDTD simulation of metasurface is pro-
posed; numerical results and discussions in Section
IV demonstrate the validity of the proposed method.
Finally, a brief conclusion is given in Section V.

II. BACKGROUND
A. Impedance boundary condition (IBC)

When a surface impedance boundary condition is
appropriate, the total transverse electric and magnetic
fields on the concerned surface are linked as [[11H13]]

E/ (0) = Z (0)-[2 x H, (o)), (1)
where E; and H; are the fields on the outer side of the
metasurface, and Z; is the equivalent surface impedance,
in general of tensor nature. We have explicitly denoted
frequency dependence to recall that this is naturally a
frequency domain description, while in the following
we will address time-domain solution of Maxwell equa-
tions. The one-sided description of the homogenized
structure in (1) avoids meshing the dielectric (where
FDTD would have meshing problems), and is appropri-
ate for thin layers (where spatial dispersion is negligi-
ble). Structural symmetry in the meta-atoms generates
isotropy in the boundary conditions, and the effective
surface impedance is scalar, so that

Ex(0) =Z{ (o) -Hy (o) (2a)
E,(0)=-72) (0) -H, (o). (2b)

Analytic expressions of the surface impedance can be
obtained only for a few simple unit cells [26]. In
this paper, we consider meta-atoms with arbitrary struc-
ture, and the surface impedances will be extracted from

numerical simulation of the meta-atom unit cells, as
described below in Secs. III and IV.

B. FDTD with frequency dispersion

In this paper, we follow the classical Yee cell FDTD
[27H30], and the usual leap-frog scheme. We will also
use FDTD with 2D- or 1D-periodic boundary conditions,
which implement the method in [36]. As FDTD is time-
domain, it is necessary to express the linear IBC (1) as a
time convolution:

o

E.(t)= | Z%()-Hy(t—7)dT (3a)

S

0
E0)=- [ 220 Ha-ndr.  Gb)

where now Z(t) represents the impulse responses, i.e.
the Fourier (back) transforms of their frequency-domain
counterparts in eqn (1).

In the following we will resort to approximations
of the dispersion that allow for closed-form expressions
of the impulse responses in eqn (3). The piecewise
linear recursive convolution (PLRC) method [31]] will
be employed to evaluate the convolutions in eqn (3).
The updating equations for computation domains not

HU, ZHOU, FANG, LI: FDTD SIMULATIONS OF MODULATED METASURFACES WITH ARBITRARILY SHAPED META-ATOMS

involved in the IBC surface are same as the standard
FDTD [27-30].

III. NUMERICAL HOMOGENZATION
A. Surface impedance extraction from numerical
simulation of meta-atoms

As alluded in the Introduction, we will obtain
the local values of the (spatially variable) surface
impedance via numerical simulation of the local meta-
atoms. We will employ the periodicity approximation,
which accounts for inter-element coupling, and that has
been successfully used in the design of metasurface cells
as reported in several publications [1H8]]. Here we will
call “unit cell” the meta-atom in the periodic lattice;
because of the periodic approximation, the simulation
is better performed in the frequency domain. The sim-
ulation of the unit cell can be carried out with sev-
eral approaches, most usually finite-elements (FEM) and
Method of Moments (MoM); here we will use FEM as
implemented in the commercial software HFSS.

In order to reduce the associated numerical cost, we
will resort to a method that allows wide-angle response
with a limited number (two) of simulations [2], [20].
While the method is general, for the sake of illustration
we will consider isotropic meta-atoms constituted by
close ring resonators (CRRs) [32]] on a grounded dielec-
tric substrate, as in Figure

The approach is based on separating the metal layer
(here, the ring) from the grounded slab; as the metal fea-
tures are sub-wavelength and non-resonant, both their
frequency and spatial dispersion (dependence on inci-
dence angle) are weak; as typically higher Floquet modes
are deeply evanescent, the equivalent modal circuit is
as depicted in Figure [2] As mentioned earlier, we con-
sider explicitly symmetric meta-atoms, which yield an
isotropic impedance, and no TE-TM coupling; more
general situations are readily accounted for by this cou-
pling and modal network slightly more complex than in
Figure[2]

The wide-angle response of the metal feature (ring,
here) is conveniently expressed using the generalized
sheet transition condition (GSTC) description of the
boundary condition [2], [20], i.e. in terms of polarization
susceptibility tensors. This yields an expression valid for
any incidence angle that however requires only compu-
tation of the response for two angles: normal incidence
6=0°, and one oblique incidence 8=6y encompassing
the incidence angle range of interest [2]], [20].

The polarization susceptibilities are then expressed
in terms of the reflection (R) and transmission (7") coef-
ficients as:

2j(To+Ro—1)

w2 HotRo— 1) 4
Kes es ko (To-‘rR()—i-l) @)
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Fig. 1. Example of meta-atoms in a periodic environ-
ment: CRR meta-atoms.

Fig. 2. Equivalent modal transmission line circuit model
of the meta-atoms under periodic boundary conditions.

X 2jcos (6o) (T (60) +R (6p) — 1)
sin® (6p) kosinz(eo)(T(60)+R(90)+l)(;)
where k( denotes the wave number in free space, Tp and
Ry the transmission and reflection coefficients at nor-
mal incidence, T(6y) and R(6)) are the transmission and
reflection coefficients for incidence angle 6y. The indi-
cation of TM or TE polarization has been assumed and
omitted in the susceptibilities to avoid notation clutter-
ing, and likewise in reflection (R) and transmission (7)
coefficients. One can then pass to the impedance format
of the IBC via the following relationships [25]:
JMNett

z
Xms -

ZTE — _ : (62)
“ ket (2023 -+ k3 o055 sin” 6 /K%

Z™M _ _ _JMeit 6b

“ kest X255 0

where Tefr = 10/ /€t kett = kov/Eett, €cit = (1 + &) /2,
ZIE and ZIM denote the surface impedances of TE and
TM polarized plane wave at an oblique incidence angle
0, respectively; note that y terms in the equations above
are also TE and TM although that is not explicitly indi-
cated.

The surface impedances required in eqn (3) are then
obtained via the equivalent modal transmission line cir-
cuit in Figure 2}

Z;cx _ Zzy: ZinZZ‘CS'v

@)
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Fig. 3. Modulated metasurface with non-uniform
complicated meta-atoms and the corresponding surface
impedance.

where Z;, = jZ,tan (ky.h), Zp and Z; are the character-
istic impedances of free space and the dielectric,

[ wopo/ko:, TE
ZO_{kOZ/(UoSo, ™ ®

_ a)():u/kdzv TE
Za = { kaz/woe, TM ©)

ka = k02 — kxz,kx =k Sine,kdZ =\ k028r — kx2.

For metasurfaces with non-uniform meta-atoms and thus
space-varying surface impedance, the projection from
the physical structure to its surface impedance descrip-
tion is depicted in Figure 3] where the meta-atoms are
substituted by a cell of surface impedance, with values
computed as described above. As a result, the metasur-
face thickness is not meshed at all, and the transverse
FDTD mesh density is dictated only by the spatial vari-
ability of the meta-atoms (e.g. modulation), which is on
the scale of the wavelength; this drastically increases the
simulation efficiency of the modulated metasurface; in
FDTD, this is even more pronounced than in frequency-
domain methods, as time step is related to space dis-
cretization by stability, as well known (e.g. [33]).

B. Full-wave simulation with dispersive FDTD

For wideband full-wave simulations of the modu-
lated metasurface, the surface impedances derived in eqn
(6) and (7) have complicated relationship with frequency,
which cannot be inserted into FDTD directly. As aresult,
we fit the frequency response with a model that allows
closed-form time-domain expressions. As we expect res-
onances across the bandwidth of interest because of the
nature of the meta-atom itself, we employ the following
model:
I'n

N
Zs(jo) d+,§’1j0)—Pn’
where d is a constant real number, N is the order of
rational function, r, and p, are ng, residue and pole,
respectively. The expression above is fit to the actual fre-
quency response (deriving from numerical simulations)

10)



via the vector fitting method [34], in which the nonlin-
ear approximation in eqn (10) can be evaluated with two
stages of linear problems.

The time domain expressions read:

N
75 (1) =22 (t) = (d—i— Y rnef’nf)> w(@). (1)
n=1

Since Z;(¢) has an exponential form, the convolution
integrals can be easily solved by the recursive convo-
lIution method [35]. Take E, for example, the surface
impedance boundary condition at the my, cell is dis-
cretized with FDTD as

o1 . 1
Ef(l—" Em]ak):de;(l"i_Ea]ak)—’—lV;m(l—"_ §7J5k>7
(12a)
where
Pmpn r’"‘"mfl) n—%_ 1 . 1
V’:’m 7] k)= g P { W} Hy (i+ Ev]vk+ E)
Pmn 1 L~ TmalM 1 n— 1 1
JrnZ:l Fmn |:anAt ¢ (1+FWV,LAI):|H 2( 2 ]k+2)

+ Z ety it mk)

n=1

(12b)

IV. NUMERICAL RESULTS AND
DISCUSSION

In this section, numerical examples are presented
to validate the accuracy and efficiency of the proposed
scheme. In all examples, the incidence angle 6y in eqn
(4) and (5) is chosen to45°, which has shown to provide
good results in all cases: it is chosen as a tradeoff with
respect to the impact of sin® 6 in the denominator of eqn
(5) [2l, [20]. The proposed algorithm was implemented
single thread with Intel Fortran 64-bit compiler, all the
computations were carried out on the same computer
with an Intel (R) Core (TM) i7-8700 CPU @3.7GHz
and 64 GB RAM. The logic here is progressive: (1) first
we validate the method against a fully periodic structure
(2D periodicity, infinitely extended); (2) we validate on a
1D periodic case, i.e. with periodic boundary conditions
along one direction; and (3) we finally show application
to a fully 2D variation of the impedance.

A. Uniform infinite metasurface sheet (Meta-atom
under periodic boundary conditions)

As a first test, we compare the FDTD-IBC against
a standard FDTD and HFSS in a periodic environment.
The results are shown in Figure |4, which reports the
reflection coefficient phase and amplitude of the CRR
meta-atom of Figure [I] from 5 GHz to 10 GHz (note
inclusion of nominal substrate losses). The excellent
agreement proves the accuracy of the proposed method.
Table I lists the necessary grids size, and the related com-
putational requirements, showing significant savings of
both the computation time (218 s to 2 s) and memory
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Fig. 4. Accuracy validation: wideband reflection phase
and amplitude with (2D) periodic boundary conditions,
for the CRR meta-atom shown in Figure [I} with P =
6mm, a =4.8mm, 2~ = 2mm, w = 0.5mm, and &, =
3.5 — j0.00245(note that substrate losses are included).

Table 1: Computation performance comparison of
FDTD and FDTD-IBC for the wideband simulation of
CRR meta-atom

Grid size Time |Memory
(s) | (MB)
FDTD |0.1mm x0.1mm x 0.1mm| 218 | 128.5
FDTD-IBC| 1mm x Imm x 1mm 2 4.7

/4

Z \\ 0) //
y \ Y/
\g /// .

X ~
LTLT & & [T LTLTLTI TV T & 7 LT LT
L LI e o L ITLTLITLTL T & 7 LT LT
LTLT & & LT LTLTLTI TV T & £ LT LT
LTI T & 5 LT LTLTLTLTL T & £ LT LT

Fig. 5. Gradient metasurface for reflection fields manip-
ulations, the reflection angle 6, for a given incidence
angle®; is determined by the phase gradient along £.

(128.5 MB to 4.7 MB), which demonstrate the validity
of the proposed FDTD-IBC.

B. Wideband reflection field manipulations with gra-
dient metasurface (1D periodicity)

Next, we examine a practical example of metasur-
face device, yielding the so-called non-Snell reflection
via a gradient-phase metasurface, adopting the struc-
ture in [1]. For a plane wave with incidence angle
0;, the reflection angle 6, from the designed gradi-
ent metasurface will follow the generalized law of
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z {mm)

100
X (mm)

(b)

150

Fig. 6. Validation: reflection fields manipulations by the
gradient metasurface at 7.5 GHz under (a) normal inci-
dence, (b) oblique incidence 6 = 15°, both of the simu-
lated reflection angles agree well with the analytical val-
ues by generalized reflection law [1]].

Table 2: Parameters of the 3 bit CRR meta-atoms for
reflection fields manipulations at 7.5 GHz

Meta- 1 2 3 4 5 6 7 8
atoms

60=0°
a 3.01(4.82|5.13|5.32|5.44|5.54|5.72|5.92
(mm)

Meta- 1 2 3 4 5 6 7 8
atoms
0 =
15°

a 3.65(5.80|6.25|6.53|6.72|6.92|7.22|7.90
(mm)

reflection [[1]]

1 do , (13)
noko dx

where ngp = 1, do / dx is the designed phase gradient
along £. Here we consider periodicity along the y direc-
tion. Table II lists the relevant geometric parameters for
the reported test cases.

At first, we simulate the reflection fields from the
gradient metasurface under normal incidence. Figure
[6] (a) shows the simulated reflection fields at 7.5 GHz,
the period of the meta-atom is 6 mm. The meta-atoms

sin 6, —sin 6; =

Table 3: Computation performance comparison of
FDTD and FDTD-IBC for wideband simulation of gra-
dient metasurface.

Number of grids | Time | Memory
FDTD 1920 x 60 x 2900 | 50.1 h | 27.7 GB
FDTD-IBC 192 x 6 x 290 314s | 639.2 MB
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Fig. 7. Vector fitting (VF) for the surface impedances
from 5 GHz to 10 GHz for the CRR with a = 4.8 mm,
(a) real part, (b) imaginary part.

of number 1 to 8 in Table II are placed along X with
a constant phase difference of 7 / 8; the length of the
metasurface is 192mm, corresponding to 4.8, and the
y-period is 6 mm. The reflection angle simulated by
FDTD-IBC is56°, which agrees well with the analytical
value of 56.4° evaluated by eqn (13). Then, we simu-
late the reflection fields under oblique incidence angle of
15° as in Figure 6] (b), the period of the meta-atom is 8
mm, the same number of meta-atoms listed in Table II
is employed. The reflection angle simulated by FDTD-
IBC is62°, which agrees well with the analytical value of
62.1° evaluated by eqn (13).

For wideband simulations, the surface impedance
should be fitted as explained in Sec. III-B. Figure [7]
shows the wideband surface impedances of the CRR
meta-atom when a = 4.8 mm of exact data and vector
fitting method [34]]. It can be concluded that when N = 6
and N = 8, the fitted surface impedance converges to the
exact data. We choose N = 6 in the following simula-
tions, as they employ the same meta-atoms.

Figure [§] shows the reflection angle 6, from 7.1
GHz to 8.5 GHz for the gradient metasurface in Fig-
ure[6 (a) evaluated by generalized reflection law [I]] and
the proposed FDTD-IBC, very good agreements between
them can be found. Table III lists the computation time
and memory requirements for the wideband simulation
of gradient metasurface. The discretization sizes for
FDTD and FDTD-IBC are 0.1 mm and 1mm, respec-
tively, showing the potential for larger surfaces; in this
case computation time is reduced from 50.1 hours to 314
seconds, and the memory is reduced from 27.7 GB to
639.2 MB.

C. Reflection fields focusing with 2D metasurface
(Metareflector)

As a final application example, we consider a meta-
surface with two-dimensional variation, designed for
reflection field focusing for normal plane-wave inci-
dence. We will call “metareflector” this structure, in
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Fig. 8. Wideband simulated reflection angle 6, of the
gradient metasurface with eqn (13) and FDTD-IBC from
7.1 GHz to 8.5 GHz.
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Fig. 9. Phase distributions of the metareflector for
reflection fields focusing at 7.5 GHz with the 30 x 30
CRRs, (a) GO target phase [I]], (b) phase compensa-
I, (@

tion with 3 bit meta-atoms, (c) log(|real(Zs*
log([imag(Z™)))-

analogy to the cognate reflectarrays. The phase distri-
bution is based on the Geometrical Optics (GO) approx-
imation, yielding

o0y) =ko(fe—\[2+32 +02), (14

for a focal length f.; the surface impedance is again
designed so as to yield the desired phase. Figure
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Fig. 10. Normalized focusing fields of the metareflector
Aie. D=4.52 at 7.5 GHz, (a) xoz plane, (b) yoz plane.
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200 100 200 300 400

x (mm)

(a) (b)
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Fig. 11. Normalized focusing fields of xoz plane by
the metareflectors B and C at 7.5 GHz, i.e. (a) D =
300mm="7.5A, with 50 x 50 meta-atoms and (b) D =
420mm=10.5A, with 70 x 70 meta-atoms.

shows the resulting structure for f, =180 mm at 7.5
GHz; Figure|9|(a) plots the ideal (continuous) GO phase
compensation at the location of (x,y), and Figure El (b)
the realized phase distributions with 3 bit CRR meta-
atoms. The effective surface impedances distributions
of the metareflector are obtained from the precomputed
meta-atoms listed in Table II as in Figure E] (c) and (d).
The physical structures of the metareflector are substi-
tuted by homogeneous surface impedances as indicated
earlier.

We consider three diameters: (A) D = 180mm,
i.e. 4.5 wavelengths at the operating frequency, and
fc/D =1; (B) D =300mm, i.e. 7.5 wavelengths,
and f./D = 0.6; (C) D =420mm, ie. 10.5 wave-
lengths, and f./D = 0.43. Figure . 10| and Figure
show the normalized reflection field manipulations by
the designed metasurface reflector at the xoz and yoz
plane. For the relatively small structure A in Figure
there is a significant discrepancy between the planned
focal length (180 mm) and the observed one, 109 mm,;
this is to be expected from a GO-based design. Indeed,
the situation changes with larger sizes, of 7.5 and 10.5
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Table 4: Computation time and memory performance
of the FDTD-IBC for metareflectors of different dimen-
sions

Type| Number of | Dimensions Number Time|Memory
meta-atoms| [A X A] of grids [h] | [GB]
A 30x30 | 4.5x4.5 [400x400x80[0.39| 12.5
B 50x50 | 7.5x7.5 |640x640x80|1.75| 32.6
C 70x70 ]10.5x10.5|880 x 880 x 80|3.34| 54.7

wavelengths, as seen in Figure [[T]yielding 161 and 175
mm focal lengths, respectively, thus actually nearing the
GO prediction [37]. Table IV lists the computation time
and memory requirements for the full wave simulations
of the proposed method, where the discretization size
is 0.5 mm.

V. CONCLUSION

In this short paper, we have presented and vali-
dated an effective surface impedance boundary condition
(IBC) for FDTD for wideband simulations of modulated
metasurface with complicated meta-atoms. The local
surface impedance is obtained via frequency domain
(FEM) simulation of the meta-atoms in the periodic
approximation, and vector fitting method for the fre-
quency dependence not get closed-form time domain
impulse responses. With the proposed method, the
thickness of the metasurface is not discretized in the
FDTD, and the transverse variation only requires space
discretization to match the modulation, which is slow.
Hence, the multiscale metasurface can be substituted
by homogenous surface impedance, and the number of
unknowns is reduced significantly. Examples of meta-
surfaces for reflected field manipulations are shown to
demonstrate the validity of the proposed method.
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